Let C be an L 3 (4)-orbit of Baer subplanes in P G(2; 4). We de ne a graph ? on C where two subplanes are called adjacent if their intersection contains only one point. We determine ? and the action of L 3 (4) is analysed in detail. It is shown that ? is the collinearity graph of a geometry of Buekenhout 4] with diagram 10 7 9 1 2 1
Introduction
Let P = PG(2; 4) be the (unique) projective plane of order four and let G AutP with G ' L 3 (4) . Let B be the set of all Baer subplanes in P, i.e. sets of seven points and seven lines whose induced incidence structure is isomorphic to PG(2; The paper is organized as follows. In the next section, we recall basic facts on hyperovals, Baer subplanes and unitals further needed. For basic de nitions on geometries and diagrams see 5] . In the third section, we dene certain sets of Baer subplanes in P called butter ies. These butter ies are used in the fourth section to determine parameters of the graph ?. In the nal section, we construct a geometry G(?) such that its collinearity graph is isomorphic to ?. We show that any geometry G ful lling the properties in Theorem 1.2 is isomorphic to G(?).
Acknowledgement. I would like to thank Barbara Baumeister for various improving comments on the original manuscript. This proves Theorem 1. Proof. Let i be a unitary polarity of P and let U be the unital xed by i. Then planes in G. This shows that for a plane e we nd jG e j = 36 and jA e j = 72 acting ag-transitively on a dual 3 3-grid. Therefore, G e (resp. A e ) contains a 3-Sylow subgroup of G (resp. A). If 
